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Remember that « is an infinite cardinal and Z C P(k) is an ideal on k.
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Remember that « is an infinite cardinal and Z C P(k) is an ideal on k.

Definition

A set X C “k is strongly Z-dominating, iff

(Vf: <Yk = I)(3z € X)(V*®°n) z(n) ¢ f(zn).

Definition

A tree p C <Yk is an Z-Laver tree, iff there is s € p so that for all t € p
Q cithert Csort D s,

Q ift O s, then bry(t) ={a€r:t(a) ep} €TT.
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Definition

Let us denote by L7 the set of all Z-Laver trees.
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Definition
A set X C “k is strongly Z-unbounded, iff

(Vf: <Yk — I)(3z € X)(3®n)z(n) ¢ f(zIn).

Definition
A tree p C <“k is an Z-Miller tree, iff there is s € p such that br,(s) € Z*
and for every t € p

@ cithert Csort D s,
Q there is u € p with u D ¢ such that bry(u) € ZT,
Q if br,(t) € Z, then |bry(t)| = 1.
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Definition
Let us denote by Mz the set of all Z-Miller trees.
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o Ur = {X C“k: X is not strongly Z-unbounded},

o my={X C%:(V¥peMz)(3geMz)(gCpand[gNX=0)}

o Uz and mY are o-ideals on “k,

e Ur C m%,

° Z/lzﬂz% :m%ﬂzl,

e Uz C Dr. J
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Definition

If p,q C <“k are Z-Miller trees, then

p<gq iff
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Definition
If p,q C <“k are Z-Miller trees, then

p<q iff pCqand (Vtep)(bry(t) e IT — bry(t) € 7).

Observation

If pe Mz, g € Lz and p < q, then p C ¢ and p is an Z-Laver tree with the
same stem as ¢ has.
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Definition

mly ={X C%:: (Vp € Mz)(3g € Mz)(¢ < pand [N X =0)}.

Michal De¢o (Kosice) Ideals related to Laver and Miller trees 4th February 2015 7/12



Definition
mly ={X C%:: (Vp € Mz)(3g € Mz)(¢ < pand [N X =0)}.

N
e

Michal De¢o (Kosice) Ideals related to Laver and Miller trees 4th February 2015 7/12



Definition
mly ={X C%:: (Vp € Mz)(3g € Mz)(¢ < pand [N X =0)}.

N
e

9={AC¥: (VWeLr)(3qgecLr)(qg<pandgnA=0)}.
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Observation

For every tree p € Mz with [p] € Dz we have [p] € I3\ mY,
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(CH) If k < ¢, then m$ Z I and consequently mi% C m% N1} C mY.
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Observation

For every tree p € Mz with [p] € Dz we have [p] € I3\ mY, thus

194m2 and mi C 2

(CH) If k < ¢, then m$ Z I and consequently mi% C m% N1} C mY. \

o let {po:a<wi}={peMz:[p]eDz}and {qgo:a <wi} =Lz

o For a < w; pick 74 € [ga] \ Ugcalpp] and let A = {4 : o < wi}.

It follows that A ¢ {3 and A € mY.

0 0
Is m7 # ml;?

o Ismi% =m2nid?

Michal De¢o (Kosice) Ideals related to Laver and Miller trees 4th February 2015 8 /12




If the ideal T is a prime ideal, then Dz = l%.
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If the ideal T is a prime ideal, then Dz = l%.

If the ideal Z is a prime ideal, is Uz = m$?
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If the ideal T is a prime ideal, then Dz = l%.

If the ideal Z is a prime ideal, is Uz = m$?

If 2F = ¢, the ideal T is not prime and non(mlY) = ¢, then there is a set
A C ¥k such that A € ml% and A ¢ Dz. Hence Ur C ml% and Dz C l%
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Definition

An ideal Z is locally prime, iff the set
{a€I" :Zlais a prime ideal}

is dense in Z+.
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Theorem

© /f2% = ¢ and the ideal Z is not locally prime, then Uz C ml%
and Dz C 19.
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is dense in Z+.

Theorem
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Definition
An ideal Z is locally prime, iff the set

{a € ITT : T]a is a prime ideal}

is dense in Z+.

Theorem
© /f2% = ¢ and the ideal Z is not locally prime, then Uz C ml%
and Dz C 19.

@ (MA) If k < ¢ and the ideal T is not locally prime, then Uz C mi%
and Dz C 9.

© (CH) If k < ¢, then Dz C IS holds, if and only if the ideal T
is not prime.
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Thank you for your attention!
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